ABSTRACT. A proof is given for the fact that the product of two self-adjoint operators, one of which is also positive, is again self-adjoint if and only if the product is normal. This theorem applies, in particular, if one operator is an orthogonal projection. In general, the posltlvity requirement cannot be dropped.
INTRODUCT ION.
Products of self-adjoint operators in Hilbert space play a role in several different areas of pure and applied mathematics. We shall give three examples: a. In the simplified Hilbert space model of quantum mechanical systems, measurable quantities a,b,... (location, momentum, etc.) are represented by self-adjoint operators ("observables") A,B,... (Mackey [1, 2] [3] , and for a recent discussion, Bub [4] If T is already known to be seml-normal, Putnam [5, p. 57] proved that normality and self-adjointedness of AB are the same.
c. Radjavi and Rosenthal [6] proved that the product of a positive and a selfadjoint operator always has a non-trivlal invariant subspace. It has not yet been decided whether the product of two self-adjoint operators or, more generally, of a positive and a unitary operator has an invarlant subspace (this is the famous "invarlant subspace problem").
The starting point for the discussion in the present note is the following theorem (all operators are supposed bounded).
MAIN RESULTS.
THEOREM. Let A and B be self-adjoint, and A or B be positive. Then AB is selfadjoint if and only if AB is normal.
PROOF. Of course the "only if" implication is obvious. As to the converse, we use the well-known Fuglede-Putnam theorem [7, 8] 
